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The study of infinite series involving Smarandache function is 
one of the most interesting aspects of analysis. 


In this brief article me give only a bare introduction to it. 


First we prove that the series > a5 converges and has 
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the sum o€ a a 
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S(m) is the Smarandache function: S(m) = min \keN;.m|k!} 
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by E,. We show that 
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S(k) < k implies that y ole @ peels a ee eee ae 
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On the other hand k22 implies that S(k) > 21 


consequently: 
= S(k) = 1 ae: + S 
———- > — at tS Bow « 
> (k+1) | > (kel)! 3! a! “ht nei 3 
i 
It follows that 2 < > _S(k) < i and therefore 
cee. 43 (K+1) 3 2 


Y sete is a convergent series with sum gel e-2, a 3 
fs KEL YS : aes 


REMARK: Some of inequalities S(k) < k are strictly and 


K2 S(k)+1 , %S(k) 22 . Hence ecle-2, 5 
— S(k) : — S(k) 
We can also check that —— se, * and — 
» (k-z)! Ben > 


are both convergent as follows: 
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S(k)_ x Pe Sa eee a , error). 
SO AKAD) eee OK OF ab 2) (7-2)! 
as eee = nese e.g nvr _\s 
Tale aoa) ae Tassit) = TEer * Baers 
n «- 
S(k) 2 S(r) 
We get a areay CE oe Ae OPE which that ee 


converges. 
Also we have SAK) <o, ren. 
fs (k+r)! 


t 
Let us define the set M = {meN: m = = néN, n 2 3} ‘ 


If méeM, it is obvious that 
n! 
n! m “2. 
m) =n, m= —~.mM ~~ ———— = 
oy) 2 ea S(m)! n! 
= m os k 
= ww 2 ——oee «6 lO 
So, a S(m and therefore D2 S(k)! 
mem, keN 
A problem: test the convergence behaviour of the series 
x 1 
£4 S(k)! 
keN 


14 


and 


REFERENCES 
1. Smarandache Function Journal, Vol.1 1990, Vol. 2-3, 1993, 
Vol.4-5 1994, Number Theory Publishing, Co., R. Muller Editor, 


Phoenix, New York, Lyon. 


Curent Address: Dept. of Math. University of Craiova, 


Craiova (1100) - Romania 


